Let G = G(V; E; F ) be a polyhedral graph with vertex set V , edge set E and face set F . A face is an ha 1 ; : : : ; a l i?face if is an l-gon and the degrees d(x i ) of the vertices x 1 ; : : : ; x l incident with in the cyclic order are a 1 ; : : : ; a l , respectively. The lexicographic minimum hb 1 ; : : : ; b l i such that is a hb 1 ; : : : ; b l i-face is called the type of .
Introduction
All graphs considered in the sequel are polyhedral graphs, i.e. they are planar and three-connected. Vertex set, edge set and face set are denoted by V The opposite case that no two faces of G have the same type is considered in 3], too. It was shown, that the set of oblique graphs is not empty. Borodin 1] proved that the set of oblique triangulations having neither vertices of degree 3 nor vertices of degree 4 is empty. In 3] it is proved that the set of oblique triangulations having no vertex of degree 3 is empty, and that the set of oblique triangulations is nite but not empty. If we consider a set of graphs we mean a set of pairwise non-isomorphic graphs. In this paper we shall prove Theorem 1 The set of z-oblique graphs is nite.
We may formulate this statement also in another way. Let G be an in nite set of pairwise non-isomorphic polyhedral graphs and k any integer. Then G contains a graph having at least k faces of the same type. In fact, even in nitely many such graphs must belong to G.
Proof of the main result
Using a discharging method, we shall prove that for every z-oblique graph G the total number of faces of G is bounded by a constant (depending on z) and also the size d( ) of occuring faces is bounded by a constant (depending on z). Let us de ne charges w( ) and w(x) for faces and vertices x, respectively, in the following way.
w(x) = ?12.
Proof.
From Euler's formula we know P Proof. 5 and we shall prove that any face not belonging to these sets has non-negative charge w 0 ( ). Proof.
Obviously, we have
Note that w 0 ( ) w( ) for every face . Consequently, there is a k z such that F k = ; for every k k z . Furthermore, the number of faces 2 F k for k < k z incident with vertices of degree at least 42 + 21z is bounded because the number of such vertices is bounded by the above inequality. In fact, the inequality gives even a bound for jF k j for all k 7. Finally, the number of faces 2 F k (k < 7) incident only with vertices of "small" degree (< 42 + 21z) is bounded because every face-type is allowed to occur at most z times.
Altogether it turns out that G contains a bounded number of faces and no face with d( ) k z . However, the number of pairwise non-isomorphic graphs satisfying such a condition is obviously nite. This completes the proof of Theorem 1.
